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424. The reader will find it interesting at this point to make the following observation. Consider for a moment solid partitions unrestricted in regard to the three axes but such that the magnitude of the part at the origin is limited not to exceed k. The descending order of magnitude is to be in evidence in the direction of each axis, so that it is only necessary to restrict the magnitude of the part at the origin.
'    Assume the form, of the enumerating generating function to be
This for k = 1 becomes
_                   _
(IpT(2)^-^ (3)>3->* ... ad inf. '
and enumerates the solid graphs in which the part magnitude does not exceed unity ; and these, being equi-numerous with plane partitions which are absolutely unrestricted, are enumerated by
__        I _ (1) (2)-(3):r(4)4...admf. '
Hence by comparison
n = 1, ra = 3, ?-8 = 6, . . . rp = (p       ] ,
\   &   j
and on the assumption as to form the generating function of the solid partitions we are considering must be
, .   ,# __.   ._,..___..._    _-.-... ad int
Moreover, we notice again that this expression can be depicted on the points of the solid graph just as in the plane case.
In the cases of line, plane and solid partitions the enumerating functions appear to be associated with the series of numbers
line       1,    1,    1,      1, ... plane,     1,    2,    #,      4, ... solid      1,    3,    6,    10, ... viz. with the successive orders of figurate numbers.
If we go back a step to point partitions it is clear that the function is
(i + 1)
a) '
yielding the series of numbers
1,    0,    0,    0, ... ,
* This assumption as to form is shewn later not to be justified.